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ABSTRACT 


It is desirable, for many applications, to utilize a receiving 
antenna system which is sensitive only to radiation from a specific 
direction. In order to నాగా incoming Signals from all other 
directions, the sidelobe strength in these regions must be significant- 
ly lower than the main beam. Time modulation was applied to certain of 
the antenna's parameters in an effort to reduce the sidelobe level of 
a linear receiving antenna array. Such factors as the effective length 
of the array, and the frequency and phase of the signals received by 
each of the individual elements were periodically varied in time. After 
summing the voltage contribution from each element, the resultant signal 
was Suitably filtered and sent to the detector. Antenna field patterns 
were developed in mathematical terms and the experimental calculations 
were made on the CDC 1604 computer. For all forms of modulation investi- 


gated, it was possible to reduce the sidelobe strength by more than an 


order of magnitude below the unmodulated level. 
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l: Introduction. 

The purpose of this study is to investigate various modulation 
techniques which, when applied to certain parameters of a linear re- 
ceiving antenna array, will result in an antenna pattern with reduced 
sidelobe levels. By periodically varying such factors as the apparent 
length of the array or the excitation from the individual receiving 
elements, it will be shown that this objective can be realized. 

With many of the more modern, highly sensitive communication and 
radar systems, there is a definite need for antenna configurations 
which possess this sidelobe property. In order to receive very weak 
and distant signals, such as tracking and telemetry information from 
space vehicles, radio frequency emissions from solar bodies, and direc- 
tive, long-range communications networks, it is imperative that the 
sidelobe level be held to an absolute minimum. Otherwise, stronger 
radiation from undesired directions could enter the receiving system 
via the sidelobes and obscure the intended signal. In addition, low 
sidelobe levels are an effective countermeasure against enemy ECM jam- 
ming, as the jammer will be effective only when it is placed in the 
main antenna beam. 

Traditionally, the designer of linear receiving arrays has but 
two basic variables with which to shape the antenna pattern. He can 
change the interelement spacing and the number of elements, and he 
can fix the amplitude and phase of the signal received by each element 
to any desired value. A combination of these techniques could, in 
theory, result in a large degree of sidelobe reduction. However, in 
actual practice, extremely small tolerances are often placed on the 
element spacing and excitation in order to achieve the desired degree 


of reduction. Meeting these narrow specifications usually proves to 
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be a serious problem. 

In 1958, an entirely new idea in antenna design was presented by 
H. E. Shanks and R. W. Bickmore, engineers from the Microwave Laboratory 
at the Hughes Aircraft Company. They proposed a "four-dimensional" radi- 
ating system utilizing the three spatial co-ordinates with the time do- 
main providing the additional degree of freedom.[81 Periodic modulation, 
when applied to any of the array parameters, was shown to result theoreti- 
cally in reduced sidelobes. This design philosophy was pursued in the 
early 1960's by a group of engineers also from Hughes Aircraft Company 
under the sponsorship of the U. S. Air Force.[5, 9, 10, 11] They design- 
ed, built, and tested an antenna system whose elements were periodically 
switched on and off in a predetermined manner. Their experimental results 
have shown that the element modulation does, in fact, produce reduced 
sidelobes.  Practically all of their effort seems to have been directed 
toward the on-off type of modulation. Still another group from Hughes 
has been engaged in developing a simultaneously-scanned, multiple-beam 
type of antenna using the element modulating procedure.[6, 7] Apart from 
these two projects, nothing has appeared in technical literature which 
would indicate that others are employing this technique. 

In addition to achieving reduced sidelobes, there are four other 
properties of the receiving array which are of interest. The first three 
are: (1) the ability to steer the main beam, (2) the gain of the an- 
tenna, and (3) the beam width of the radiation pattern. The fourth, a 
factor which is particular to the modulated array, is the signal con- 
tent of the sideband frequencies generated by the modulation process. 
While these factors are not of primary concern in this study, they do 
play an important part in the actual design of an antenna system. For 


this reason, some consideration will be given to them throughout the 
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report. 

The body of this report is divided into three main areas. In Sec- 
tion 2, the basic theory of sidelobe reduction by time modulation of the 
array parameters will be developed. Based upon the results of this fun- 
damental theory, four specific models, or types of modulation, will be 
examined in detail in Sections 3-6. The first to be investigated is the 
ON-OFF system developed by Hughes Aircraft Company. The remaining three 
types were developed by the investigator. They were chosen for the fol- 
lowing two reasons: (1) the modulation functions could be conveniently 
expressed in mathematical terms, and (2) the models could be physically 
realized. An over-all discussion of the results obtained from the four 
models and the conclusions will be given in Section 7. The results of 
this investigation show that a significant degree of sidelobe reduction 
can be obtained with all four modulating techniques, provided the modu- 
lation parameters are properly chosen. 

This study is theoretical in nature in that no attempt was made to 
physically realize any of the individual arrays. A mathematical func- 
tion was assumed for each of the four models which would describe the 
particular type of modulation employed. Based upon these assumptions, 
expressions which characterize the far field pattern of the antenna 
arrays were developed. Next, computer programs were formulated to rep- 
resent the field pattern of each model. From these programs, numerical 
and graphical data relating to the field patterns was supplied by the 
CDC 1604 computer. A large portion of the numerical data and some of 
the more significant graphical data have been included in this report 


in tabular and illustrative format. 
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2. Fundamental Theory of Time Modulated Antenna Arrays 

The basic theory of time modulation as applied to sidelobe reduction 
in a linear receiving antenna array will be developed in this section. 
The derivation will be an expansion of a brief outline presented by W. H. 
Kummer in 1963.15] Based upon the mathematical results of this develop- 
ment, specific examples of possible implementation schemes will be intro- 
duced in the following sections. 

The array under consideration is depicted in Figure l, p. 53. It 
consists of N identical elements equally spaced a distance d apart. The 
blocks labeled 0) › 03» es ర represent operators inserted in the indi- 
vidual feed lines. In the unmodulated or static array they are assumed 
to be short circuits. With the introduction of modulation they may take 
the form of switches, phase shifters, voltage generators, etc., as re- 
quired. The incoming plane wave of frequency w is assumed to originate 
from a distant source located at an angle O measured from the array axis. 

If the voltages induced in each element are added together, the out- 


put signal from the array is given by[3] 


۸۷۰۱ 
inKd cos © ut 2-1 
V(e,$,t)- € (e, Q) ሙ ane e” 
n:0 


where 
a, is the relative excitation (amplitude and phase) of the nth ele- 
ment 
€(0, 9) is the element factor (¢ is the Mile eas toa POS 
removed from the plane of Figure 1) | 
k= ?"/A is the propagation constant. 
Now assume that the element excitations, aj» are varied in a peri- 


odic manner with a frequency వవ. Then, if a (t) is any band-limited 
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periodic function, it may be represented by[ 2] 


ተ ለላ 


| we ۵ 
E A ~ E 
m:-M 
where 
ATm _ 
Wren = T = Muh 2-3 
and 
ر-‎ Wat 


a 
لح‎ ande m 2-4 


If this expression for a(t) is substituted for a in equation 2-1, the 


array output voltage is given by 


Nz = 1Wmt  ¡nkdcose ¡wi 
ni amt ንካ ታ 
ህ/3.ቁ፥ነ «(9,ፅ) ያ. ርች (me pe 
ዛ=ወ m=-M 
M N-i 
J (+m) ۸ر‎ cos @ 
vla pt) Eled) p? e ደ ል አለፎ 2-5 
m=- M n=0 
where 
i uet - 4 “ሠኞ 
Ann® fom? Tl an (€) e de E 
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The function LM is refered to as the modulated excitation coefficient 
in this investigation. 

Refering to equation 2-5, the frequency spectrum of the array volt- 
age consists of 2M * 1 lines resulting from the modulation of the re- 
ceiving elements. These lines are centered around w and are spaced W 
apart as shown in Figure 2, p. 53. Also appearing in the spectrum are 


the sideband frequencies containing the information impressed upon the 
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carrier at the transmitting source. Assuming that the highest frequency 
component of the information modulation is w', the value of w must be 
equal to or greater than 2w' in order to preserve the information content 
of the original signal. This requirement is a direct result of the sam- 
pling theorem applied to a slightly different physical situation. Also 
included in Figure 2, is a representation of a band-pass filter extend- 
ing from (w-w') to (wtrw'). If the signal is passed through this filter 
prior to detection, the resulting signal voltage may be obtained from 


equation 2-5 by setting m= O. 


jwt 5 j^ Kd eos e 
V (6,9,€) * €(6,0) e Qon € 5 
nro 


where 


+ 
Gen = ኙ| 2۸ )( ተ ~ 
Q 


The radiation pattern which results from the filtered signal is simply 
the pattern of an array with the element excitation coefficients equal 
to the time averages of the periodically varying excitation coefficients. 
That is, the relative element excitations have been changed from a, to 
the modulated excitation coefficient aon’ By properly choosing the form 
of the modulation, significant sidelobe reduction may be achieved. As 
expected, some time varying excitation functions tend to have the oppo- 
Site effect of increasing the sidelobe response. 

Four specific forms of modulation which might be employed in an 
effort to reduce the sidelobe level in a linear receiving array are in- 
vestigated in the next four sections. A number of other modulation 
techniques were analyzed for possible use; however, the mathematical 


results differed only slightly from those included in this report. In 
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addition, they were felt to be more difficult to actually implement into 
the antenna system. 

For each model, an assumption is made as to the nature of the opere 
ators in the various feed lines. From this assumption, an expression 
for the modulated excitation coefficient is developed based upon the 
theory which was derived in this section. This leads directly into a 


mathematical representation of the filtered signal entering the detector. 
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3. Model I 

Probably the simplest form of periodic modulation which can be 
applied to the receiving array is an ON-OFF binary switching sequence. 
The operators in the individual feed lines are electronic switches which 
have been programmed to open and close in a periodic manner. When a 
particular switch is open, no contribution to the total array signal is 
made by the respective element. With the switch closed, the signal ree 
ceived by the element is allowed to pass unaltered to the array output. 
This form of modulation has actually been applied to a slotted receiv- 
ing antenna array with excellent results.[5, 9, 10, 11] 


The modulation function may be represented mathematically by 


On (tye An LUG- Ult- E] 3-1 


where 
A, is an amplitude constant 
U(t) is the unit step function 
Tm is the ON time per period of the nth element (OST ST). 


Then, from equation 2-8, 


| T 
Ron” ኙ| Qn (+) dt 


-Ff An [ute ult- e) at 


Qon 2 -Aan 3-2 


Using this result in equation 2-7, 


wt a in Kd cos è 
Ve (o4) లో 2 aon €" 


ይ 
wt A! ^ imKd cos O 
= € (e, $) e^ ፦ ጭ An e” 3-3 
n=0 
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An examination of equation 3-3 reveals that in addition to an ele- 
ment amplitude factor, AW? the output signal from the array is dependent 
upon a variable time parameter, Tn/T. In the unmodulated case, the sig- 
nal voltage was dependent upon three receiver parameters: (1) number 
of elements, (2) element spacing, and (3) element excitation. A fourth 
variable, time, has been added by the modulation process. A great deal 
of study has been directed toward determining the received signal as a 
function of the excitation, spacing, and number of elements. Attention 
will now be given to the received signal's dependence upon time modulation 
of the individual elements. 

With four parameters in the general case, the significance of the 
applied modulation could very quickly become obscured if they were all 
allowed to vary throughout this study. To reduce the problem, certain of 
the parameters have been set constant, both for this model and the three 
which follow. The five normalizing assumptions chosen for this investiga- 
tion are: 

l. The number of individual receiving elements, N, is equal to 

eight. 

2. The interelement spacing, d, is constant at እ/2. 

3. The element factor, c(0, Ø), is equal to one corresponding 

to isotropic receiving elements. 

4. The individual element excitation gain, A,» is equal to one. 

5. The period of the modulating signal, T, is one unit of time. 
Thus, for the binary switching form of modulation used in Model I, the 
output signal from the array is dependent solely upon the ON times, T 
of the individual elements. This dependence was investigated using a 
number of standard distributions. Because of the fact that the variable 


~ is quite simple from both a mathematical and a physical viewpoint, the 


19 


distributions actually employed are examined in some detail. In the 
models which follow, the parameter distributions are not as clearly 
visualized; however, they are based largely upon the distribution cri- 
terians developed for rT: 

The static, or unmodulated, array pattern was determined by using 
a uniform distribution for T ㆍ All of the values of r, were set equal 
to one which corresponds to each element being ON at all times. The re- 
sulting array pattern, shown in Figure 3, p.54, provides a standard of 
comparison for future modulating amager. As was expected from a 
linear array of this type, three sidelobes were formed in the first quad- 
rant with amplitudes of 12.8, 16.4, and 17.9 db. below the main beam. 
Since the array pattern is the Fourier transform of the element excita- 
tion, the minimum theoretical value for the first sidelobe is —13.5 db. 
for a uniform distribution, regardless of the number of elements. All of 
the antenna pattern figures are drawn for a single quadrant. This same 
pattern is present in all four quadrants by the very nature of this an- 
tenna. The one exception to the above statement is in the case of main 
lobe steering which will be covered later in this section. 

A linearly tapered distribution for T, was investigated using var- 
ious degrees of taper. It was discovered very quickly that the inversely 
tapered distribution shown in Figure 4, p. 55, was ineffective in reduc- 
ing the sidelobe level. The first sidelobe was only 5.7 db. below the 
main beam. The field pattern resulting from the same degree of taper 
applied to the array in the opposite direction is shown in Figure 5, 

p. 56. At the beginning of a modulation cycle, time t=0, all of the ele- 
ments were ON and contributing to the array output. The outer two were 
turned OFF at time t - 7; = 7 ; the next outer two elements were switched 


8 
OFF at time t= T, = Tj the next two at t = ፐ 3 ፦ To the center two 
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elements were left ON for the entire period, T. At time t=T, all of the 
elements were again switched ON and the process was repeated. Figures 

6 and 7, pp. 57 &58, show the antenna pattern for two additional degrees 
of linear taper applied COM Both showed a marked improvement in 
sidelobe reduction over the static pattern. 

The values of T, were then selected in accordance with the bino- 
mial distribution. The receiving pattern, shown in Figure 8, p. 59, in- 
dicates that no sidelobes were formed. The disadvantage of this pattern 
is the very wide beam width of 28.4 degrees. 

Finally, two of the Dolph-Tchebyscheff distributions were applied 
ن٥‎ ٣ ٠ The important features of these distributions and some sample 
calculations are presented in the Appendix. The two distributions actu- 
ally used were the —30 db. and — 40 db. sidelobe coefficients. Figures 
9 and 10, pp.60 &6l, show the antenna pattern for these two cases which 
are in close agreement with the expected values. 

In the mathematical development of the fundamental theory presented 
in Section 2, sidebands were formed around the carrier frequency as a 
result of the modulation which was applied to the array elements. Is it 
possible that a significant portion of the received signal falls in 
these sidebands, thereby reducing the strength of the desired signal at 
the carrier frequency? From equation 2-6, the modulated excitation co- 


efficient is defined as follows; 


; బన. 
Û mn & Tj a (t) €" dt 


For the type of modulation employed in Model I, 


ዕ, ዜነ 5 An LU (t)- U lt- tn) | 3-5 
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It follows that 


EJ A.[utà-ut-)] e 7^" ae 


"v e dt 
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, e (ent క 


ger ms 
: & (= H- un ) 


mts‏ / | لے ے 
በላ కె & sin ( ደ. )‏ 


wa Leos (EF) -j sin( 28%) sin (2%) 


z E [sin ሠሉ ሯላ -j (\- cos ሠ én) | 


An | j en En 
= اسسےے۔۔‎ es ! 2 e 
Ann LTM sin 2Tm پا‎ |] ( Cos ¿TM =) 3-6 
Note that by use of L'Hospital's rule, this function will reduce to 
En 
Qon = An ች 
at the carrier frequency as determined by equation 3-2. 


The unfiltered signal from the ም array is 


| (wt mwe)t An. 
(6,03): ‹‹5,4)2. « 1 ہے‎ እሞ” 


e [sin ATUM + ና (i- Cos 271M $)] e" E 3-7 
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Since a great deal of study has been made of the sideband signals for 
Model I, the detailed results are not presented here.[9, 10, 11] In 
general, depending upon the particular distribution employed for T, the 
level of the maximum signal in the first sideband is between 12 and 21 
db. below the peak signal at the carrier frequency. Higher order side- 
bands are even less significant. The total signal power which has been 
converted into all of the sidebands represents a loss of less than 0.5 
db. This is quite acceptable in view of the sizable reduction in side- 
lobe level. 

Because all of the elements are not contributing to the received 
signal at all times, the antenna gain of the modulated array is less 
than that of the unmodulated array. It has been shown that the ratio of 


modulated array gain to static array gain is given by[5] 


ሯ- 





N=) “| A 
G mod, క 2- lanl క ፖ | An = 


65. 2 ۳۴ $ |ለ.| 


ስይ 





3-8 


5 
a 


where 

A, is the relative excitation of the nth element 

the ON time of the nth element‏ 8ا 

T is the period of modulation. 

For the distributions investigated for Model I with A, = l and 
T= 1, the gain of the modulated array was reduced by about 3 to 4 db. 
below the unmodulated array. If, in addition to array modulation, rel- 
ative element excitations are also tapered, the gain is reduced by less 


than 1 db. Therefore, it is desirable in practice to achieve as large 
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a degree of sidelobe reduction as possible using amplitude taper prior 
to applying the element modulation. A summary of the results for Model 
I with different values of the parameter, T., is given in Table I. 

In concluding the study of binary ON-OFF modulation, it was desir- 
able to determine the effect of this modulation upon the ability to 
steer the main beam. This is certainly a desirable feature which would 
add to the versatility of the antenna. With all of the element excita- 
tions in phase, the phase difference between the nth element and the 


origin, n= O, is equal to 


Y, = nKd ws © 3-9 


where 
b. phase difference in signal between elements O and n 
k = MA 
d = element spacing 
6 = 


direction in space measured from the line of the array 
If it is now assumed that a progressive phase shift equal to p is applied 
between adjacent elements, the relative phase of the signal in the nth 


element with respect to the origin is 


۸” ^ Kd 605 9 + ላይ 


Y= (Kd wse +) 3-10 


The far field modulated pattern at the carrier frequency now becomes 


ta  jn(Kdcose + P) 


ህዬ መ= 
Vla pt) Ele) e" ፖሊ T 6 
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The position of the main beam and the beam width as a function of 
positive values of p are shown in Figure 11, p. 62. The main beam was 
formed by applying a 40 bd. Dolph-Tchebyscheff distribution for T.. 
Negative values of p will produce the same steering effects in the 
opposite direction. Main beam steering can be accomplished in the modu- 
lated array in 9 the same manner as the static array. The sidelobe 
level remains approximately 40 db. below the main beam as the beam is 
steered to different positions up to about 125° corresponding to p = 100. 
For further increases of p, the beam begins to widen on one side and be- 
comes distorted. This rather sharp increase in beam width is quite evi- 
dent from Figure 11. As a result, it appears that the beam may be steered 
through an arc of about 70° centered around the broadside position without 
any harmful effects. Further attempts to move the main beam result ina 
Sharply increased beam width, a distorted beam shape, and an increased 
sidelobe level. 

While this was the only type of modulation in which the beam steering 
capability was thoroughly investigated, the development indicates that the 
same results will hold true using other forms of modulation. This is due 
to the location of the progressive phase delay factor in the general form 
of the field equation. It does not appear as a multiplying factor but as 
an exponent along with the expression (n Kd cos رہ‎ . This will be 
true regardless of the form which the modulation takes and as Such, is 


independent of the modulation. 
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4. Model II 

A second type of array modulation is produced by varying the signals 
received by the individual elements in accordance with locally generated 
sinusoidal signals of different frequencies and amplitudes placed in each 
feed line. This form of modulation was developed for two reasons: 
(1) the mathematical convenience of analyzing the functions, and (2) the 
relative simplicity of physically realizing the system, Each feed line 
contains a sinusoidal voltage generator of frequency b, ሠሪ and a none 
linear modulation device as shown in Figure 12, p. 63. By properly con- 
trolling the value of ba in each feed line, significant sidelobe reduction 


is possible. The array modulation function can be represented by 


An(t) = An Ky cos Kut ےن‎ 


where 
A, is an amplitude factor 
= Ba Wo 


<< 
ሠዕ W 


Then, from equation 2-8, 


Ff a (t) dt 


Qon 


1 


| ፐ 
+ ለ, አ cos Kat de 
j ጉ 


۵ 





Ante CX) Sin Knt‏ چ 


ረአ * 7 Sin KaT 4-2 


but since 
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bn 
Kn = bn uo = m 


it follows that 
지오 
Gon > eo Sin 23.4 - "23 


The filtered signal from the array is 


we A A. lA Kd cos e 
lo pt) Ela oye 1 Tr $in(2T b, ye" 


ዩሪ 
: 4-4 


The modulated excitation coefficient for Model II given by equation 


4-2 is 


AIP 


ስ Sin 2b, 


which reduces to 


Gon = Sin ZT bn S 


when the normalizing assumptions, A, = l and T= 1, are applied. As a 
result, the only variable remaining is b The same distributions which 
were used to describe T, in Model I may now be applied to the quantity 

sin (2mb, ). The magnitude of sin (276. ) as a function of ba is shown in 
Figure 13, p. 63. By knowing the desired magnitudes of the modulated 
excitation coefficients, values of ba may be determined directly from 
Figure 13. For example, the coefficients of the 40 db. Dolph-Tchebyscheff 
distribution are 0.144, 0.413, 0.755, and 1.000. The corresponding values 
of ከጊ are 0.02305, 0.0678, 0.1365, and 0.250. Another set of values exist 


for b. in the interval (0.25 s b, < 0.50) which would produce the same 
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degree of sidelobe reduction. Since the original expression for the 


array modulation function was 


On(t)= Anbawe Cos bn wet 


the smaller set of values for ከገ was chosen in order to reduce the magni- 
tude of the modulation function. 

Figure 14, p. 64, shows the antenna patterns of the static array and 
the 40 db. Dolph-Tchebyscheff distribution applied to sin (2nb.). The 
sidelobe reduction was quite significant. A number of other values of ba 
were examined and the results are tabulated in Table Il. 

The introduction of modulation into the system results in some of the 
signal power distributed in the sideband frequencies 

uy + mido ; mai رو وڈ‎ 32M 
These frequencies should be filtered out prior to detection; however, it 
is desirable to determine just how much they detract from the signal at 
the carrier frequency. From equation 2-6, the general expression for the 


modulated excitation coefficient is 





| ۴ > weal 
Amn = TJ Qn (t) e " dt 46 
Q 

where 

Qn lt) Ån Kn Cos Knt 

Wm = MWe = es j meso), FM 
Kn = bn We 
Thus, 
AnKn y - wt 
Qmn® “TF” | cos(Knt) e at 
0 
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¿dont 
Amn= (Anko) Es un (k, Sin Kat =j Wm Cos t 


LZ 
న a (ዘ... ia KaT Jm COS kT)- ran (- jum) 


An Ka - m 
z టవ | ఈ |6 ዘ (Ka Sin KaT ~ j Wm Cos k«T )* jue | 


: TES ) cosa "js jer s» KnT = jum CoS KaT ) + jure | 


z CAS | Ka Sin 21 bn * jum (17 cos 2T bn) | 


= A m Sin 2M bn + mw, ( 1” cos amt bn) | 


/ጆ ፕሬ ን |^. Sin TT bn +۴ (1= Cos 21 ») | 4”7 


The unfiltered signal from the receiving array is then 


1 (wit mub)t N=! Anba 1 
^f (e, $ «£y» € (e, q) ረ ቭ ፐ ረኔ፦ -ኣ”ነ 
in Kd cos e 
|b, sin 2T b, t jm (17 cos 27 bn) e” 4-8 
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In order to obtain a feeling for the magnitudes which result from 
equation 4-8, the carrier plus the first two sideband signals were deter- 
mined for a 40 db. Dolph-Tchebyscheff distribution applied to sin (206. ) ㆍ 
The results are shown graphically in Figure 15, p. 65. For radiation 
received from a direction along the boresight axis, the first and second 
sideband signals are down 16.9 and 23.5 db.,respectively, from the car- 
rier signal. However, for all incoming radiations in the interval (32.5? 
sos 65.5°), both of the first two sideband levels are higher than the 
signal at the carrier frequency. It is evident from these results that 
the filter must possess a sharp cutoff characteristic about the carrier 
frequency in order to realize the desired degree of sidelobe reduction. 

Following a similar line of reasoning which was used to determine. 
equation 3-8, the ratio of the modulated antenna gain to the static array 


gain is equal to 


N- 
G mod. . > | Gon | 


nio 


G stat, 1 n | An |” 


nz 





O 





N-I 
(027b. | - 
WA S ቴዳ ማሜ 


G stat 2 |ላ.|' 


nzo 4-9 
where 
An is the relative excitation of the nth element 
ba is the modulation parameter 


T is the period of modulation 
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In 
general, the modulated antenna gain was found to be 2 to 4 db. b 
ㆍ below 
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5. | Model III 

A variation of the technique used in Model II would consist of modu- 
lating the signals from the individual elements with locally generated 
sinusoidal signals of constant frequency, C Wo? but of varying phase, on 
This system would require only one generator which would be connected to 
the various feed lines through phase shifting networks or delay lines. 
The resulting signal would be combined with the received signal in each 
feed line modulating element as shown in Figure 16, p. 66. Sidelobe re- 
duction is achieved by introducing into each line the proper degree of 


phase shift. Mathematically, the array modulation takes the form 


an (4) = Ån K cos (kt + hn) 5-1 


where 


Kz Cue 
Wo << Y 


The modulated excitation coefficent is equal to 





aa. = Fl Ark Cos (Kt + $n) dt 
z Anss ( ፍላ 5 in (Kt + on) d 
= 수 | sia (KT +z) - Sin bn | 
but since 


Kes Cwo = "M 


it follows that 


Qon = % | sin (2 + ba) ~ bn | 


zn 
Gon = "T Sin (Tre) Qos Cire + bn) మ్‌ 


the signal entering the detector is 


N-I 
‘wt = LAn 
vloga eloo e L ች ° 
ns 
¡nKd cos O 
esin(TC) cos (TC +, a 5-3 


From equation 5-2, the expression for the normalized modulated exci- 


tation coefficent at the carrier frequency is 


Qon? Z sin (TC) cos CC 6) . ፦4 
This expression differs from those given for Models I and II in that it 
is now a function of two variables: (1) the frequency of the sinusoidal 
feed line signal, and (2) the phase relationships which exist between 
these sinusoids. For integral values of C, the modulated excitation co- 
efficient is equal to zero, regardless of the phase relationships. A 
plot of the expression Lz 5. (RE) cos(mc* ቆን ] as a func- 
tion of ¢ for various values of C is given in Figure 17, p. 66. Once a 
particular value of C is chosen, the desired amplitudes of the coeffi- 
cients are obtained by properly selecting values for ㆍ This is a very 
practical method for determining the coefficient values. For example, 


the amplitude coefficients for a 40 db. Dolph-Tchebyscheff distribution 
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have previously been determined to be 0.144, 0.413, 0.755, and 1.000. 
To obtain these coefficients with a value of C= 0.25, the relative 


ح0۷۰ 4964 .12:259 ° 


phase of the sinusoidal modulation is 39.25°, 28.0 
These values can be obtained with phase shifting networks or delay lines. 
Some computed results obtained by varying C and o, are given in Table III. 
Employing some of the techniques used in Models I and II, an analy- 
sis of the signal content in the sidebands generated by the modulation 


process was developed. The general form of the modulated excitation 


coefficient is given by 


T -mt 
Onn F | 6 (غ)‎ e" dt 
0 


5-5 
where 
Qn): ۵۸۴“ cos (kt + Ya) 
K= Cw, 
2TmM , 
Um = MWe = = ; m20, 31, ...و22‎ ۸ 
Therefore, 


Auk 7 = (በአ. 
mn * ውጭ | Cos (Kt +n) e : ረዘ = 


AK f7 MENT 
= T | (cos Kt ws hn = Sin Kt Sin 64e dt 
0 


- ¡Wmt 


An K 
= “ም” Em ہے‎ )(K Sin Kt ¬ jum Cos kt) 


دہ ز۔ 


5 
+ sind, (ear )(k cos kt + | 니어 Sin kt) | 
Oo 
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An 07, ۱ 
(ve sos jos p,| e ዘ. (K Sin KT ጨር. 605 kt) + jun 
ae | 
+ Sin e. e ~ (K cos KT + {Wm Sin KT) -K]} 
-jm T -J LTE M 
= € 


but since e = Cos 271۲۷۸ - ۷ 2.1۲۲ = | 


An Cu. 
i. = Twas (cm) feos m Sin ATL ት | ኮሳ ሠሪ (17 cos amc) | 


+ Sin థీ Ca (cos 2ፐር -1)+ | ”፡ ሠ» sin za 


로 ው” (cos ል Sin LTE + Sin ቆላ Cos 2TC -Sin $n) 


— jm (- sin Q, Sin ATC + Cos On Cos ZTC “os bn) | 


nC 
Amn * _ ہم‎ *) 10 | si (ጌዥሬ ton) Sin bn | 


= m | cos (20 C * bn) — COS da] $ 5-6 
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The unfiltered signal from the antenna array is then 


w)t &! Anl ¡nKd cos © 
2 2_ Tem) 을 , 


nzO 


ተ ለለ 
IODOA 


5 fc |i (arc +n)” sin» | ا‎ mjcos (2 ㅠ 0+ ㅜ 90) - 005 al 5-7 
Figure 18, p. 67, shows the signals at the carrier plus the first two 
sideband frequencies for a 40 db. Dolph-Tchebyscheff coefficient distri- 
bution. This figure points out once again the necessity for employing 
a filter with sharp frequency cutoff characteristics. The two sideband 
signals are. greater than the desired signal for values of 8 less than 
about 70°. If these signals were permitted to reach the detector, the 
effort expended in achieving —40 db. sidelobes would have been wasted. 

The ratio of the modulated antenna gain to that of the static array 


at the carrier frequency is given by 


7 laonl 
مہہ‎ 0 [ A." 


N-i 
G mod. a 


> | [sin (anc+d,)-sindn || 
E 


As indicated in Table III, p. 38, typical gain reductions were found to 





5-8 


be about 2 to 4 db., depending upon the parameters selected. 
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6. Model IV 


The final form of array modulation to be studied in this investigation 
consists of a device which periodically shifts between two discrete values 
the phase of the signal induced in each element. The electronic phase 
shifters required for this type of system lie within the present state-of- 
the-art. Each feed line contains a device which shifts the phase of the 
incoming signal between two values: (1) 7 for the first half of the 
modulating period, and (2) 7 for the second half. The system is shown 
schematically in Figure 19, p. 68. The values of ለ and $5 are independ- 


ent in each of the feed lines. Thus, 


) $4 €) 
Gn (t) > An e” 6-1 
where 
Dan ha oé té T/2 
(t) 
f Pen for h dcr 6-2 


The modulated excitation function is 


An Th ı dan 1 J Pan 
0 = =| | edt +] e dt | 





T/L 
= jh ఇ | 
「 ; J ፕ/ጌ 
لم ۳ھ‎ ٥ ክክ. C up 
፡ 7| 2 "T = TE | 
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Don 


> (cos ban + CoS Pen) Tj (5n hn + Sin Pen) | 


టలు (ఫల 


+12 sin (ረ) im ( egge 





Gon = An os (ወ) ا‎ HR" + ር ense) | 





6-3 
An expression for the filtered signal from the array is 
tut E ¿nKd cose 
V(6,o,t) = €(6,o) e > An e o 
Dan Den ቆላ።+ተቃፅላ |: _, dant hen 
T 개 (| وہ‎ ) t | sin ( "m 
6-4 


The excitation coefficient at the carrier frequency resulting from 
this form of modulation is more interesting than those produced by the 
previous models in that it is a complex function of two variables. This 
implies that an angle as well as a magnitude is now associated with the 
multipliers. The normalized carrier frequency coefficient was previously 


determined to be 





s Bal ie: ሐ E le): " ) ። 231 


6-5 
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where 


Pan 


phase state of the nth element for OstsT/2 

On = Phase state of the nth element for T/2stsT 
Two sets of values for Pan and Pan are quite interesting. The first is 
the case in which Pan = “ne results from a type of flip-flop phase re- 


versal network. The expression for aon reduces to 


Qon = Cos Dan (cos 0 +) Sin o) = COS Dan 6-6 


Any of the distributions which have been previously discussed can be con- 
veniently obtained by the proper choices of Dan’ The second set of para- 
meters which have a predictable effect upon the coefficient is Pan = 35 


+ 180°. This unwise choice will result in a value of aon equal to zero, 


since 


don A Cos 43 2 


de 


ban = han 4 ¡80 
ሚ cos ( ~ Ze 


xX cos (+90)=0 T 


With this coefficient equal to zero, there will be no signal from the 
array at the carrier frequency. 

All other combinations of Pan and Pan will, in general, result in a 
complex expression for the unmodulated excitation coefficient of the 


form 


don = ón L 8n ve 


where 
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67 the magnitude of the modulation signal in the nth element 

= the phase angle of the modulation signal in the nth element 
A nomogram was prepared to aid in the computation of 5. and 7 from given 
values of Pan and Pan’ and visa versa. This is shown in Figure 20, p. 68, 
for osò =1 and — 90°s¥ s+90". To determine the values of 6 and %, the 
abscissa and ordinate are entered with the given values of Pa and Pa 
The diagonal lines which pass through the resulting point indicate the 
magnitude and phase angle of the particular multiplier. For example, if 
7 = 60° and 7 = 20°, the value of 6/ 4 would be 0.766/ 20°. To deter- 
mine the values of Pa and Pp which will produce a desired §/%, the nomo- 
gram may be entered in either of two places with ô and X; two sets of 
Pa and 98 values will result. As an example, if it is desired to real- 
ize a multiplier equal to 0.5/ 15°, either of the two sets (ቀለ = 75°, 
98 = — 45?) or (ቀለ = - 45°, 7 = 75°) may be employed. This form of modu- 
lation gives the designer a much wider latitude in the determination of 
element multipliers than was possible in the previous forms discussed. 
Any distribution for the magnitude and phase of the element excitations 
can be realized by the proper choice of modulation parameters. 

A number of field patterns were calculated for various magnitude 
distributions of the modulated excitation coefficient, 6 with the phase 
angle, d equal to zero. The results were in good agreement with those 
expected from the theory; array patterns were produced with a significant 
reduction in the magnitude of the sidelobes. Table IV presents a sum- 
mary of the calculated values. 

In an effort to possibly reduce the beam width or to achieve a beam 
steering capability without resorting to phase delays in the feed lines, 
distributions of pe were tested with * free to vary from ሙ 90 to +90 


degrees. The results of this phase of the investigation were disappoint- 
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ing. A slight degree of beam steering was achieved, but in an unpre- 
dictable manner. The beam width did decrease in some cases; however, it 
was accompanied by new and much stronger sidelobes. While successful 
joint distributions of 9. and ర్న which would accomplish more than side- 
lobe reduction were not uncovered, the additional degree of freedom seems 
to indicate that they would exist. A search for distributions which would 
achieve some of these desired properties might present a basis for further 
research in this area. 

This particular type of modulation is similar to all other forms in 
that part of the received signal is converted into the sideband spectrum 
about the carrier frequency. In order to determine the extent to which 
this sideband signal detracts from the desired signal, it is necessary 
to obtain a generalized expression for the modulated excitation coeffi- 


cient, aan’ From equation 2-6, 


EN y - /ሠራቶ 
m - 0 An (£) € dt 6-9 


where G 


je ١ 


Arlt) = An e መር 


and 


Dan for oft 472 


ቅ (4) = 
Pan for Ya కశడ 
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Therefore, 
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However, since 


Wm T= MUT = ZTtm $ mz 31,22,..., 5M 


the following relationships exist: 


SSH 
Sin "XE = Sin TM 3O 


€ 


Cos لول‎ cos Tm = CD” 


t 


and 


for m even 
ml 

Ci- cos ”ሮጅ )= |- ራዕ”። 

+2 for m odd 


As a result, there will only be odd-numbered sideband frequencies in the 


output signal of the array. 


An [o ¡dan  )(ቆ«.- "ን 1 
Aamn= 2TM 수 구조 |Cjz) jm odd 


= m A: m] | cos Pan + Cos (Pan - ፐን | 


ተ | | sin Qa. t Si^ (Dan >] 
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Den = mT Pant mT 


Re fam]: A (sin ESE cos HB, 4 YN odd 


Im ann] = E 고소 eio Cos Larga, y M odd 


Therefore, 


2 An 6اس ہے‎ daneben mir, 
2 sn” Z క్‌ 


Paat Oan -miT 
Am: mm ዕኔ Jos eo Ta 


for m odd 6-15 
and 
Bman = O for m even 6-16 


From equation 6-5, for mm o: 
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The sideband signal developed by the modulated array is then equal 


to 
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Figure 21, p. 69, shows the signal levels at the carrier and the 
first and third sideband frequencies for a desired sidelobe reduction of 
40 db. The results clearly show the necessity for employing a narrow 


band pass filter centered about the carrier frequency. Both of the 
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sideband signals are considerably stronger than the desired signal for 
angles of more than about 20° from the boresight axis. These frequen- 
cies must be filtered out prior to detection in order to achieve the --40 


db. sidelobes. 
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7. Conclusions 

This investigation has demonstrated the ability of parameter modu- 
lation to reduce the sidelobe level of a linear antenna array. The mod- 
ulation can take practically any form, and can be used to very such 
factors as the apparent length of the array and the phase and frequency 
relationships in the various feed lines. The signal from the array must 
be filtered prior to detection as it contains additional sideband signals 
generated by the modulation process. In accordance with the sampling 
theorem, the modulating frequency must be greater than twice the highest 
frequency component contained in the information-carrying signal. 

Four specific types of modulation were investigated in this study. 

They were: 

1. Model I with parameter f? the ON time of the nth element. 

2. Model II with parameter b the frequency controlling factor 
in the nth feed line. 

3. Model III with the parameters C, a frequency factor common 
to all feed lines, and PL the relative phase in the nth 
feed line. 

4. Model IV with parameters Pan and Pan? the relative phases in 
the nth feed line during the first-half and the second-half 
periods of modulation. 

The radiation patterns formed by varying the parameter distributions in 
each of the four models were compared to the static, or unmodulated, array 
pattern. It was found that: 

1. The sidelobe level was reduced by more than an order of 
magnitude with the proper parameter selection. 

2. The loss in receiving antenna gain caused by the modulation 


was generally from 2 to 4 db. 
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The beam width of the receiving pattern increased as the 
sidelobe level was reduced. 

The main beam could be steered through an arc of about 70°, 
while the modulation held the sidelobe level to the desired 
value. 

In order to realize the intended sidelobe reduction and pre- 
serve the information content of the signal, strict require- 
ments must be placed upon the band-pass filter prior to de- 


tection. 


There are a number of specific topics which require further study in 


this area. For example: 


1. 


How can modulation be applied to other types of antenna 
Systems? 

What desirable properties other than sidelobe reduction can 
be realized by antenna modulation? 

How does the modulation affect the mutual coupling between 
the individual elements? 

What other types of modulation could be applied to an array? 
Referring to Model IV in this study, what joint distributions 
of Om and $ could be used in order to achieve beam steering 


or a reduced beam width? 


The use of time as a design parameter does give an additional degree 


of freedom to the linear receiving array. How effective this technique 


will become depends, in part, upon the answers to the above questions. 


Modulation is a relatively new concept in antenna design. Its full po- 


tential has yet to be developed; however, the philosophy of time modu- 


lated antennas does warrant further study. 
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Figure 1. Linear antenna array used in this study. 
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Figure 2. Frequency spectrum of the signal from the 
| modulated array, v(0, $, t). 
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Figure 3. Static, or unmodulated, array field pattern 


for Model I with p= Vet... Te = lio 
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ㄴ Figure 4. Array field pattern for Model I with inversely 
and linearly tapered ON times: vo tamo Perang: 0.15, 


Ta: Tu=0.50, and .T4= Ts = 0,25. 
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Figure 5. Array field pattern for Model I with linearly 
tapered ON times: P= Tg 50.25 و‎ Tız = ٥ 5٥, 
ఈవి Tu = 0.75, and Yaz Es: LO 
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Figure 6. Array field pattern for Model I with linearly 
tapered ON times: Pe Tor oA „re Tae 0,4, 
LE Te 0:19 and Yat Ese 1.0 
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Figure 7. Array field pattern for Model I with linearly 
tapered ON times: %ı2 Tg=0,4, Tı= T7=20.4, 
"t.c Tu > ©, و8‎ and Tye Tse LO 
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Figure 8. Array field pattern for Model I with a binomial 
distribution of ON times: +, Ts = 0.029, Ti* 014-2 0.20, 
32 Tes 0:40, and Ey = ES LO 
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Figure 9. Array field pattern for Model I with a 30 db. 
. Dolph-Tchebyscheff distribution of ON times: 
Y, :Tg:0,268, Tıe 706420. 529, ya u: 0.819, and 
Tar Ts: l. O 
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Figure 10. Array field pattern for Model I with a 40 db. 
Dolph-Tchebyscheff distribution of ON times: „= 7g=0. 144, 


r= %,= 0.413, Yz: Tez 0.7555 and tsrs: lO 
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Main beam position and beam width as functions 
62 


of the. progressive element phase delay factor, p 
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Figure 12. Antenna array for Model II. 








Figure 13. sin(2tb ) as a function of ba 
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Figure 14. Array field patterns for Model II with no 
modulation: bj = b2= ... = bg = 0.25: and with a 40 db. 
Dolph-Tchebyscheff distribution of sin(2ttb_): bj = bg = 0.02305, 


bo = b7 = 0.0678, b3 = bg - 0.1365, and ከረ ወ 54 = 0-25. 
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Figure 15. Array field patterns at the carrier and first 
two sideband frequencies for Model II with a 40 db. Dolphe 
Tchebyscheff distribution of sin(2tb. ). 
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Figure 16. Antenna array for Model III. 
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Figure 17. [sin(2ftC + 9) - sin 9) as a function of 9 
for C= 1/8,.1/4, and 3/8. | 
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Figure 18. Array field patterns at the carrier and first 
two sideband frequencies for Model III with a 40 db. Dolph- 
Tchebyscheff distribution of Run: C=0.25, = bg: 34,25°, 
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Figure 19. Antenna array for Model IV. 
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Figure 20. Nomogram for finding SL“ from UA and a? and 
vice versa, using the relationship: 


¿LY = cos ( መራውን [አ (25:28) +) sin( PES) 
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Figure 21. Array field patterns at the carrier and first 
and third sideband frequencies for Model IV with a 40 db. Dolph- 
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Figure 22. The parameter, Z,, as a function of side- 
lobe level for an eight element Dolph-Tchebyscheff distri- 
bution.[ 4) 
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APPENDIX 
THE DOLPH-TCHEBYSCHEFF DISTRIBUTION 

The Dolph-Tchebyscheff distribution is, ín effect, a compromise 
between the uniform and the binomial distributions. A uniformly excit- 
ed element distribution produces a field pattern with a relatively nar- 
row beam width but with a high sidelobe level. The binomial distribu- 
tion results in a pattern with zero sidelobes but with a very wide beam 
width. With the Dolph-Tchebyscheff distribution, the beam is widened 
somewhat and the sidelobe level is not zero; however, the relationship 
between the two is optimized.[1] 

The theory behind the distributions has been covered in great de- 
tail throughout technical literature and as such, will not be repeated 
here.[1, 3, 4] Of interest in this study is the determination of the 
actual coefficient values associated with the distribution for an assum- 
ed eight element array. A plot of the sidelobe level as a function of 
the parameter Zo is shown in Figure 22, p. 70, for an eight element 
array.[4] The graph is entered with the desired sidelobe level to ob- 
tain a value of the corresponding Z This value of 2. is then used in 


the following set of equations to solve for the required coefficients: 


I= Ig: za 

5 
122 17* జ వష = 125 
క 142; 


ኋላ > 3455 3553 “SL TIL ° E2, 
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For example, assuming that the maximum desired sidelobe level is 40 db. 
below the main beam, Figure 22 gives the required value of 7 as 1.30. 


This gives: 


I=-Is > 2): (1.30) = 4.21 


TS à WI. - D 
= 1(v27)- 701.30) = 18,00 
13:26 +» 5112-14], +14 20 
: 5C1&o0)- 14 (5, 21) + 14 (1,30)? 
= 32:90 


Ausg = 31)  SIZHTE - 7% 
= 3(32,90)-S(18&00)+7(6:27) -7 (1.30) 
= 43,55 


If these coefficients are now normalized such that 


య్యే విచేల పి |, OOO 


the desired distribution is 





la4- Te = 1000 
The Dolph-Tchebyscheff distribution was originally developed for the 
purpose of scaling the magnitude of the excitations in the individual ele- 
ments of an array. In the modulating techniques under investigation in 
this study, the distribution was applied to the expressions for the field 


pattern of the antenna. As such, the coefficients governed such factors 
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as the element ON times, the frequency of modulation, or the phase 
relationship between the elements as required by the particular type of 


modulation. 
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